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$G$ Peterson $G/B$
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$*1$ July 12-15, 2010, Affine Schubert Calculus Workshop at the Fields Institute.
$*2$ [LSO]





(1) $H_{*}(\mathcal{G}_{SL_{n}})\cong \mathbb{C}[h_{1}, \ldots, h_{n-1}]$ , (2) $H_{*}(\mathcal{G}_{SL_{n}})\cong \mathbb{C}[(G^{\vee})_{e^{\vee}}]$ .
(1) Bott $h_{1},$ $\ldots$ , $h_{n-1}$ $h_{i}$
(2) Ginzburg
$G^{\vee}=PGL_{n}(\mathbb{C})$
$e^{\vee}$ $\mathfrak{g}^{\vee}=$ Lie $(G^{\vee})$ $(G^{\vee})_{e^{\vee}}$












$L=(\begin{array}{lllll}x_{1} 1 0 \cdots 0q_{1} x_{2} 1 \cdots 00 q_{2} x_{3} \cdots 0\vdots \vdots \vdots \ddots 10 0 \cdots q_{n-1} x_{n}\end{array})$ , $\frac{\partial L}{\partial t_{i}}=[A_{i}, L]$ $(1\leq i\leq n-1)$
$\sum_{i}x_{i}=0$ $A_{i}$ $L^{i}$
$L^{n}=O$ $\mathbb{C}[q_{1}, \ldots, q_{n-1}, x_{1}, \ldots , x_{n}]$ $I_{n}$
$F1_{n}=SL_{n}(\mathbb{C})/B$
$QH^{*}(F1_{n})=\mathbb{C}[q_{1}, \ldots, q_{n-1}, x_{1}, \ldots, x_{n}]/I_{n}$
2.3
Schur Flaschka
$q_{i}= \frac{\tau_{i-1}\tau_{i+1}}{\tau_{i}^{2}}$ , $x_{i}= \frac{\tau_{i}’}{\tau_{i}}-\frac{\tau_{i+1}’}{\tau_{i+1}}$
$\tau_{i}=\tau_{i}(t)$ $t=(t_{1}, \ldots, t_{n-1})$
$\ovalbox{\tt\small REJECT}=\tau_{n+1}=1$















$k$ $s_{\lambda}^{(k)}$ $\lambda_{1}\leq k$
$k=n-1$
$s_{\lambda}^{(n-1)}$ $\mathbb{C}[h_{1}, \ldots, h_{n-1}]$ \S 2.1 (1)
(3)
3.2 Schubert
$QH^{*}(F1_{n})$ Schubert $\sigma_{w}^{q}(w\in S_{n})$










$*3$ Aug. 26-30, 2008, RIMS Crystals and Tropical Combinatorics.









$\ldots$ , $h_{n-1}$ $L^{n}=O$
$I_{n}\subset Ker(\Phi_{n})$
$\Phi_{n}:QH^{*}(F1_{n})[q_{1}^{-1}, \ldots, q_{n-1}^{-1}]\cong H_{*}(\mathcal{G}_{SL_{n}})[\tau_{1}^{-1}, \ldots, \tau_{n-1}^{-1}]$
Peterson
1 ([LS], Lam, Shimozono). $w\in S_{n}$ $(n-1)$
$\lambda(w)$
$\Phi_{n}(\mathfrak{S}_{w}^{q}(x))=\frac{s_{\lambda(w)}^{(n-1)}}{\prod_{i\in Des(w)}\tau_{i}}$.
Des $(w)$ descent set $w(i)$ $>$ $w(i+1)$
$i\in\{1,2, \ldots, n-1\}$
[LSO] T. Lam, M. Shimozono, Quantum cohomology of $G/P$ and homology of
affine Grassmannian, Acta. Math., 204 (2010), 49-90.
[LS] T. Lam, M. Shimozono, $\mathbb{R}om$ quantum Schubert polynomials to k-Schur
functions via the Toda lattice, arXiv: $1010.4047[math.CO]$ .
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